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, $(x_{1}, y_{1})$ ,
$(x_{2}, y_{2})$ , , $(x_{m}, y_{m})$ , ,
$x_{k}=kx_{1}$ $(1 \leq k\leq m)$ (3)





$z_{k}= \frac{y_{k}}{x_{k}}=a_{0}x_{k^{n-1}}+a_{1}x_{k^{n-2}}+\cdots+a_{n-1}$ , $k=1,2,$ $\cdots m$ (5)




. , dzk , $d^{2}z_{k}=dz_{k}-dz_{k-1}(3\leq k\leq m)$ .
$d^{2}z_{k}$ , $a_{0}=a_{1}=\cdots=a_{n-4}=0$ ,
$a_{n-3}= \frac{d^{2}z_{3}}{2x_{1^{2}}}$ $a_{n-2}= \frac{1}{x_{1}}(dz_{2}-\frac{3}{2}d^{2}z_{3})$ , $a_{n-1}=z_{1}-dz_{2}+d^{2}z_{3}$ (7)
. $d^{2}z_{k}$ , .
3
32
$x_{k}=kx_{1}$ $(1\leq k\leq m)$ ,
. . , (3)
.
$z_{1}=z_{2}=\cdots=z_{m}=C$ $f(x)=C$, $F(x)=CX$ , $z_{k}$
$(k=1,2,3\cdots m)$ .
$z_{k}$
$dz_{k}=a_{0}(x_{k^{n-1}}-x_{k-1}^{n-1})+\cdots+a_{n-2}(x_{k}-x_{k-1})$ , $k=2,3,$ $\cdots$ , $m$ (8)
, $dx_{k}=x_{k}-x_{k-1}$ ,
$\delta_{k}^{(1)}=\frac{dz_{k}}{dx_{k}}=a_{0^{\frac{x_{k^{n-1}}-x_{k-1^{n-1}}}{x_{k}-x_{k-1}}}}+\cdots+a_{n-2}$ , $k=2,3,$ $\cdots m$ (9)
, $\delta_{k}^{(1)}$ $(k=2,3, \cdots m)$ .
32.1
, $\delta$ , $a_{0}=a_{1}=$ $=a_{n-3}=0$ ,
$a_{n-2}=\delta$ . , $f(x)$ , $\delta$ . (5)
$z_{i}=\delta x_{i}+a_{n-1}(1\leq i\leq m)$ , $z_{i}-\delta x_{i}$ $\acute{l}$ . $a_{n-1}=z_{i}-\delta x_{i}$
, . .
.
$x_{k}$ , $z_{k}$ , $dz_{k}$ , $dx_{k}$ , $\delta_{k}^{(1)}$






$=\cdots+a_{n-3}(x_{k}-x_{k-2})$ $(3\leq k\leq m)$ (10)
,
$\delta_{k}^{(2)}=\frac{d\delta_{k}^{(1)}}{x_{k}-x_{k-2}}$ $(3\leq k\leq m)$ (11)
, $\delta_{k}^{(2)}$ $(k=3,4, \cdots m)$ . ,
$\delta$ , $a_{0}=a_{1}=\cdots=a_{n-4}=0$ , $a_{n-3}=\delta$ . , $f(x)$ ,
$\delta$ . (5) $z_{i}=\delta x_{i^{2}}+a_{n-2^{X}i}+a_{n-1}(1\leq i\leq m)$ ,
$z_{i}-\delta x_{i^{2}}$ $i$ . $z_{i}^{(1)}=z_{i}-\delta x_{i^{2}}(1\leq i\leq m)$ ,
$(x_{i}, z_{i}^{(1)})(1\leq i\leq m)$ $y=a_{n-2^{X}}+a_{n-1}$ .
,







, (11) , ,
$d\delta_{k}^{(2)}=\delta_{k}^{(2)}-\delta_{k-1}^{(2)}$
$=...$ $+a_{n-4} \{\frac{\frac{x_{k^{\theta}}-x_{k-1}^{3}}{x_{k}-x_{k-1}}-\frac{x_{k-1^{8}}-x_{k-2^{3}}}{x_{k-1}-x_{k-2}}}{x_{k}-x_{k-2}}-\frac{\frac{x_{k^{8}}-x_{k-1}^{\theta}}{x_{k}-x_{k-1}}-\frac{x_{k-1^{8}}-x_{k-2^{S}}}{x_{k-1}-x_{k-2}}}{x_{k}-x_{k-2}}\}$
$=\cdots+a_{n-4}(x_{k}-x_{k-3})$ $(4\leq k\leq m)$ (13)
,
$\delta_{k}^{(3)}=\frac{\delta_{k}^{(2)}-\delta_{k-1}^{(2)}}{x_{k}-x_{k-3}}$ $(4\leq k\leq m)$ (14)
, $\delta_{k}^{(3)}(k=4,5, \cdots m)$ . ,
$\delta$ $a_{0}=a_{1}=\cdots=a_{n-5}=0,$ $a_{n-4}=\delta$ . , $f(x)$ ,
$\delta$ . (5)
$z_{i}=\delta x_{i^{3}}+a_{n-3}x_{i^{2}}+a_{n-2}x_{i}+a_{n-1}$ , $i=1,2,$ $\cdots m$ (15)
, $z_{i}-\delta x_{i^{3}}$ $i$ . $z_{\iota^{(2)}}=z_{i}-\delta x_{t^{3}}(1\leq i\leq m)$
, $(x_{i}, z_{i}^{(2)})(1\leq i\leq m)$ $y=a_{n-3}x^{2}+a_{n-2^{X}}+a_{n-1}$ .
,





1. $s_{P}(n),$ $P=1,2,3\cdots$ $11$ , ,
2. $B_{1}=1/2$ , $B_{2}=1/6$ , $B_{3}=0$ , $B_{4}=-1/30$ , $B_{5}=0,$ $B_{6}=1/42$
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. , ,
. .




, $s_{1}(n)$ , $s_{1}(1)=1$ , $s_{1}(2)=3$ , $s_{1}(3)=6$ ,
$s_{1}(n)=( \frac{1}{2}+\frac{1}{2}n)n=\frac{n+n^{2}}{2}$ (17)
. 3 , .



















(4 ) , $B_{6}$
, .
$s_{4}(n)$ , $B_{6}$ $s_{7}(n)$
.
1 $($ 3 $)^{}$ . 1 $p=1,2,$ $\cdots,$ $11$
, $s_{P}(n)$ ( ) .
, .
1. $s_{P}(n)$ . 3 .
, $b$ . ,
$s_{k}(n)$ , $(k+1)s_{k}(n)$ $(k+2)s_{k+1}(n)$
.
$n2$ 1 3 90 . .
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, , 1 $s_{k}(n)$ $Sk+1$




. $(1+n)^{p}$ $p=1$ , , $p$
, . 2
, 1 . 2
. , , ,
( ) ,
2 .
2 1 ( ,
). , 2
1 , 2 $p=k(k\geq 2)$ 1 Sk-l $(n)$
, $p=k$ 1 Sk-l $(n)$ , 2 $p=k$
3
9
.3 , 2 . 1 , $0$
. , 2 3 ( 2
) 4( 2) . 2
.
4. 2 3 . 2 .
2 1 3 4 .
2 ,
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, $[$ $]$ ,
( )
, 4 . $B_{k}$ .
, ,
, . , 2 4 3
. 3 2
.
3 , , \Gamma
, , .
, 4 , 4
$p$ . , 3 $p=k$




$B_{0}=1$ , $B_{1}$ $B_{6}$ , ,
, , , , .
$B_{0}B\backslash$ $B_{k}$ , 4 $p=k+1$




-3) . 1 ,
( $C$ ).
$a_{k+1,m}$ $(^{k+1}m)$ , , , $B_{0}=1$
,
$k+1=B_{k}(k +1k)+B_{k-1}(\begin{array}{ll}k +1k -1\end{array})+B_{k-2}(\begin{array}{ll}k +1k -2\end{array})+\cdots+B_{0}(k +l0)$ (22)
$B_{k}$ ,
$(k+1)s_{k}(n)=B_{k}(\begin{array}{l}k+1k\end{array})n+B_{k-1}(\begin{array}{ll}k +1k -1\end{array})n^{2}+\cdots+B_{0}(\begin{array}{l}k_{l}0\end{array})n^{k+1}$ (23)
11
$s_{k}(n)$ . ,
[4] . , ,
.
, $B_{k}$ (Bernoulli) .
$Ars$ Conjectandi (1713) , , 1709 , 1712
. , [61
([6] 2 , 160 ).
5
2 $k$ $t_{k}(m)$ $(1+n)^{p}-1$ $(p=k, k+1, k+2_{)}\cdots tk+m-1)$
$n^{k+1}$ . , 6( 3 $p=1$ )
$k$ $m$ $k$ $t_{k}(m)$ .
$k=1$ ( ), $k=2$ , $k=3$
.

















$b$ , $t_{k}(m)$ $t_{k+1}(m)$ . , $t_{k}(m)$
, $u_{k}(m)$ , $v_{k}(m)$ .
(1) . $u_{k+1}(m)=u_{k}(m)(k+2)$ .
(2) . $v_{2}(m)=v_{1}(m)(2+m)$ . $Vk+1(m)$
$V_{k}(m)$ 1 ,
$Vk+1(m)=v_{k}(m)(a_{k}+b_{k}m)$ (24)
, $b_{k}=1$ , $a_{k}=k+1$ . ,
$m^{2}$ $m^{k+1}$ ,
$Vk+1(m)=v_{k}(m)((k+1)+m)$ $(1 \leq k\leq 5)$ (25)
.
,
$u_{1}(m)=2$ , $v_{1}(m)=m(1+m)$ ,
$t_{k}(m)= \frac{v_{k-1}(m)(k+m)}{u_{k-1}(m)(k+1)}$ $(k\geq 2)$
(26)
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